Introduction
Recently, Stannat [13] gave a lower bound on the logarithmic Sobolev constant of Fleming-Viot operators with parent-independent jump mutation and without selection nor recombination, when the type space is finite. Our objective is to present an alternative approach to this problem which will result in different estimates, which will be of the right order for large values of the underlying parameters. Nevertheless, we cannot expect our lower bound to be appropriate everywhere, since in some situations it is worse than the estimate of Stannat and this will lead us to present a conjecture for a general behavior and what is still missing to obtain it.
Our basic idea is to take advantage of some projection properties inherent to the model and leading to the consideration of products of one-dimensional objects appropriate for the use of Hardy's inequalities. This feature enables to avoid the iterative method of Stannat and we believe it could be applied to other related contexts.
We begin by recalling the setting and the result of Stannat we are interested in here, for their links with the theory of population genetics, we refer to the original article [13] . We first notice that the approach presented in the above remark remains valid for that constant for the particular values p E N*/2, by using the corresponding well-known inequality for ~y:
(the proof of this result given by Gross [5] [7] and was the first example for which the logarithmic Sobolev constant is not equal to half the spectral gap. Stannat [13] To finish this section, let us consider, always for fixed q = (ql, ..., qd+1 ) E the spectral gap A(q) corresponding to Vq and ~q, which is defined as the quantity 03BB(q) := i n f q( f , f ) V a r ( f , v q ) It follows from the complete spectral decomposition of the minimal auto-adjoint extension of the generator Lq, which was obtained by Shimakura [12] In order to show the proposition 1.1, let us introduce a new quantity for q .
Clearly we have 03B1(q) ~ a(q) and taking into account an inequality due to Deuschel (cf [6] 
